For a positive semigroup Tt on LP(Q, m) with generator A , the growth bound of (Tt) equals the spectral bound of A . In particular, if s(A) < 0 , the mild solutions of the Cauchy problem u' = Au are asymptotically stable.
Introduction
Let Tt be a Co-semigroup on a Banach space X with generator A. The spectral bound s (A) is defined by s(A) = sup{ReA : X G a(A)} and the growth bound co(Tt) of (T,) is given by cu = infiw : supe-wt\\Tt\\ < 001. [1] ) although there are some partial results under additional assumptions on Tt ; e.g., it is already known that s (A) = (o(Tt) if (Tt) is an analytical semigroup ([8, A-IV 1.14]), if the semigroup operates on all Lq(Q, m) spaces for 1 < q < oo ( [10] , [8, C-IV-1.1]), if the resolvent of A satisfies some additional growth estimates [6] , or if A is a differential operator with constant, real coefficients ( [4] ).
In this paper we prove that no additional assumptions are needed:
Theorem. Let (Tt) be a positive co-semigroup on Lp(Q,m), 1 <p < oo, with generator A. Then the spectral bound s(A) equals the growth bound co(Tt).
In particular, in this situation s(A) < 0 implies that all mild solutions of the Cauchy problem (1) are asymptotically stable. A partial result in this direction that does not depend on positivity is contained in [9] .
We prove the theorem in §2 using a recent spectral mapping theorem of Latushkin and Montgomery-Smith ( [7] , see Lemma 1 below) and an extrapolation theorem for positive operators on Lp ([11], see Lemma 2 below).
I would like to thank the referee and Bernd Straub for pointing out an oversight in the first draft of the paper. Then there is a density g with 0 < g £ L\(Çl, m) such that the operator pRp~x extends to a bounded linear operator on all spaces Lq(Q, g dm), 1 < q < oo, where p : Lp(il, m) -> Lp(£l, gdm) is the isometry p(f) = f'• g~xlp . Furthermore, for all 1 < q < oo \\PRP~ \\Lq(ii,gdm) < 2||i?||L;i(£i>m). on Lq(il, m) for all 1 < q < oo . Since the proof of (i) only used the resolvent equation, we get in the same way for q = 1 \\R(X,Bß)\\Yp<C.
Step 3: The spectral bound of Bß . Now we want to show that R(X, Bß) converges for p -» oo to the resolvent of the co-semigroup 
